Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an
integrable function defined on the measurable set E and that (f,),cn 15 a
sequence of measurable functions so that |f,| < g. If f is a function so that
f, — f almost everywhere then

nlLI%oJf“ = Jf,

Proof: The function g —f,, is non-negative and thus from Fatou lemma we have
that [(g—f) < liminf [(g—f,). Since |f| < g and |f,| < g the functions f and
f, are integrable and we have

Jg —Jf < Jg—limsupjfm

Jf > limsupan.

SO

Oenpnua 2 (Kuplapyxnuévne cbyxiione tov Lebesgue) FEotw dtt n g ei-
VOl UL OAOXANPWOLUN TUVEPTNON 0PLOUEV OTO UETPoLLO oUvolo E xau
N (fulnen €ivoe uta axolouvdia uetprowwy ocuvaptiocwy dote |f,] < g.
Troderouue St undpyet uta ouvaptnon f dote n (f,)nen v TEIVEL OTNV
f oxeddv navtol. Tote

limjfn = Jf.

AndébetEn: H ouvaptnon g—f,, eivon un apvnten xon dpa and to Anuua tou Fatou
woylet [(f —¢g) < liminf [(g—f,). Enedq |f| < g xou || < g ot f xou £, eivou

ONOXANPWOLUEC, EXOUUE
Jg —Jf < Jg —limsupan,

Jf > limsupan.
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